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Abstract. Categorical data clustering is still an issue due to difficul-
ties/complexities of measuring the similarity of data. Several approaches have
been introduced and recently the centroid-based approaches were introduced to
reduce the complexities of the similarity of categorical data. However, those tech-
niques still produce high computational times. In this paper, we proposed a clus-
tering technique based on soft set theory for categorical data via multinomial
distribution called Hard Clustering using Soft Set based on Multinomial Distri-
bution Function (HCSS). The data is represented as a multi soft set where every
soft set have its probability to be a member of the clusters. Firstly, the corrected
proof is shown mathematically. Then, the experiment is conducted to evaluate the
processing times, purity and rand index using benchmarks datasets. The experi-
ment results show that the proposed approach have improve the processing times
up to 95.03% by not compromising the purity and rand index as compared with
baseline techniques.

Keywords: Clustering - Categorical data - Multi soft set - Multinomial
distribution function
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a: Subset of attribute

E: Parameter in soft set

i Index i

NE Index j

k: Indek k&

[ Index [

e: Subset of parameter

V: Domain Value set

Va: Domain (values set) of variable a
f: Information Function

F: Maps parameter function

y: Object

P( Power of Universe

(F,A): Soft set

F(a): Soft set of parameter a

Cr.p): Class soft set

P: Probability

pi: Probability for each trial i
flx,a): Probability mass function

n;, N;: Number of Trial i

A Probability of multinomial distribution
Ch: Cluster k

K: Number of clusters

Zik* Indicator function

CML(z, A): Conditional maximum likelihood function

MaximizeLcpyp(z, A):
Lemi(z, &, wi, wa):
wi:

Maximizing the log-likelihood function

Lagrange function

Lagrange multiplier constrains 1

Lagrange multiplier constrains 2

Hard Clustering using Soft Set based on Multinomial Distribu-
tion Function

Wwa:

HCSS:

1 Introduction

Clustering is the process of partitioning data sets from multiple variables into groups. The
clustering problem often arises in the fields like image processing [1], pattern recognition
[2], control system [3]. Until now, the most popular algorithm from various clustering
algorithms that have been developed is k-means algorithm @, 4, 5]. It produces efficiency
and effectiveness in clustering with a large amount of data sets. However, k-means
clustering algorithm unable to solve data sets that has categorical variables. The algorithm
is only able to minimize a numerical cost fpfiction. Nevertheless, the k-means clustering
algorithm was improved by Huang [4] into the k-modes clustering algorithm to eliminate
the numeric-only limitation. Since then, the k-modes algorithms began to make major
improvement such as the improvement of k-modes clustering using new dissimilarity
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measures [6—8] and k-modes algorithm based on fuzzy set [9, 10]. Another algorithms
least sum of square based for non-parametric approach clustering has been discussed in
[11g].

ue to its relativ ood performance, some improved versions of k-modes [15-17]
have been proposed using more effective dissimilarity measurements to disting the
importance of different attribute values. Furthermore, Kim et al. [18] proposed the use
of fuzzy centroids approach to upgrade the efficiency of fuzzy k-modes. It has been
improved by [19] to handle mix data numerical and categorical data based on genetic
algorithm. Also, the fast clustering is still in concern currently especially in large dataset
[3, 20, 21]. Another problem igfEtegorical data is there are no inherent distance measure
object to another object. The ?%stcring algorithms developed for managing numerical

cannot directly be used to cluster categorical data [11]. Thus, the challenging of
categorical data clustering is more tha numerical. Since categorical data is reg-
ularly watched as tallies coming about from a settled number of trials in which each
trial comprises of making one determination from a prespecified set of categories. The
categorical data can be assumed as from trial independent following the multinomial
distribution. Thus, the parametric approach is fflore suitable for categorical data [22]. In
[23] discussed some of parametric approach for categorical data clustering. However,
almost all categorical data clustering techniques listed in [19] represent binary data sets.
The problem with the aforementioned methods is that they have a long computation time
and a low cluster purity.
On the other hand, categoricaflata have multi-valued attribute where @:an be
represented as a multi soft set [24]. The theory of soft set proposed by Molodtsov [25] is
w method for dealing with uncertainties in data. Some exiting clusteringgfechniques
ased on soft set theory have been proposed in [26-2# When compared toﬁ theories
of fuzzy set, probability, and interval mathematics, one of the key advantages of soft
set theory is that it is free of the insufficiency of the parameterization tools. Whereas,
the conceptf multi-soft sets proposed by [24] is used for a multi-valued information
systems to be applied to the categorical data without representing data in the binary
values [24]. Thus, we would like to propose a Fast Hard Clustering based on Soft Set
Muﬁgmial Distribution Function to cluster the categorical data.

e rest of the paper is organized as follows Sect. 2 describes related works on
Qﬂrmation system, soft set, multinomial distribution. Section 3 constructs the mathe-
matical modelling of the problem and prgth{: solution mathematically. Section 4 runs
the computation experiment on data set. Finally, we conclude our work in Sect. 5.

2 Related Works

This section describes the basic of Information system, soft set theory and multinomial
distribution.
2.1 Information System

Let'’s tuple § = (U, A, V., f), where U represents the univcrf objects, A be a set of
variables or parameters, V is a domain (values set) of variable @ C A and the information
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function is a total function as in Eq. (1) such that f (i, a) € Vi, Vi a)et xA-
f:UXA— V. (1)

Definitio: GivenS = (U, A, V,f) as aninformation system. Suppose thata € A, V,
= {0, 1}, then Es a bivalued information system, and can be defined as Sy, 1}-

17
S{o.’= (U, A, Vioay.f)- 2)

Obviously, for every u € U, f (u, a) € {0, 1}, for every a¢; € A and v € V, the map
al of Uisa) : U — {0, 1}, such that

Y — 3
4 0  otherwise S

v il f(u,ay=v

2.2 Soft Set Theory

Soft set [25, 26] ®a mathematical method for dealing with uncertainty via appropriate
parametrization. Let U be an univeg set, E be a set of parameters and A C E, F be
the function that maps parameter A 1nto the set of all subsets of the set U as shown in
Eq. (4).

F:A— PU). (4)

@cn, the pair of (F, A) is called as soft set over U. Veq, F'(a) be considered as the
set of a-approximate elements of (F, A). 21

Consider to an information system definition, a soft set can be interpreted as a special
type of information systems, termed a binary-valued information.
Proposition 1. Each Softset (I, A) can be defined as Sy, 1).

Proof: Lets the set of universe U in (F', £) can be considered as the universe U, the set
of parameters denoted by E where A C E. Next, the function of the information system,

f 1s written as:
| LueF(e)
F_i{), udFe) )

That is, when g e F(e;), where u; € U and ¢; € E, thenf (ujgg;) = 1, otherwise
f(ui, ¢j) = 0. To tHS, we have V(h;, ¢;) = {0, 1}. Therefore, for/ﬂ E, (F, A) can be
represented as (U, A, Vo, 1, f ). Thus, based on Definition 1, it can be defined as So,1.

Definition 2. The value-class of the soft set denoted by C(r gy are the class of all value
sets of a softset (F, E).
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Based on Proposition l,gBmleanﬁued information system deals with the “stan-
" soft se@For a categorigal value of information system denoted by S = (U. A, V, f)
with V = [ J, 24 Vi and V,, States the domain of attribute a. The domain V/, has categor-
ical values or multi values. A decomposition can be constructed from S into |A| number
of Boolean-valued information system § = (U, A, Vi, 1],f). The decomposition of
A= {al, az, - ,a|A|] into the disjoint-singleton attribute {a;}, {a2}, - - , {a|,4|] is the

basis of decomposition of § = (U, A, V, f).
Definition 3. [24] Suppose that § = (U, A, V, f) is a categorical-valued information
tem anda Boolean-valued information systemis expressed by § = (U, aj, Vg, ,f), i=

, 2, -+« |A| with

st — (U. ap, V{D,l}'f) & (F,ap)

§2 — (U‘ az, V{U‘l}‘f) & (F,oaz)

S=(U,AV.f)= ) . (6)
: =(F.a1). (F.a2). --- . (F. aja)))

SA = (U, aja). Vig.1}. F) & (F.apa))

Furthermore, a multi soft set over universe U representing a gorical-
valued information system § = (U,A, V,f) is expressed as JE)Y =
(F,a)), (F,a2), -+, (F.aua)).

2.3 Multinomial Distribution

A mlizationghe binomial distribution is the multinomial distribution [29]. Lets NV;
bcgnu r of results in category i in a series of independent trials a with probability
pi for each trial, where, 1 <i <m, ) - p; = 1. Then for each m-tuple of non-negative
integers (n1, na, ..., Ny) with sum n.
m n! 1 mn2
PNt =n,Na=ma, ... Ny=np) = ﬁp]'pz‘ o, (7
nlna!. . .n,

Example 1. Suppose, there are 10 balls in a basjgfg consists 2 red balls, 3 green balls
and 5 blue balls. From the basket, 4 balls will be selected, with replacement. Then, the
probability of drawling 2 green balls and 2 blue balls is

4! On a2n =2
Pni=0m=2n=2)= m{).z 0.37°0.5° = 0.135.

A multinomial distribution with parameter a; = (af, =1 ....m,j=1....p)
can be described as the probability mass function as follows;

=TT T )"

where Z[E] af‘ = 1. The generic polytomous variable j(j =1,...,p) consist of
categories m;, and m = Zle m; indicates the total number of levels.
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3 Hard Clustering Using Soft Set Based on Multinomial
Distribution Function (HCSS)

38
Assume that U is gymdcm sample size |U| from distribution f (y, ). A pamun U=

{uy,ua, ... ,|} into K cluster C = {cy, c2, ..., ckx} by indicator z;; where Zgo = 1 if
uj € ¢y and zj, = 0 if otherwise. Then, the cluster joint distribution functig based
on cluster C can be defined as ]_[f=1]_[ul_eqz,-kfk (v, X).

To the pair (£, A), select it to multi-soft set over U/ which represents a categorical-
valued information system § = (U, A, V, f), with (F, a;),--- , (F, a|A|) C (F,A) and
(F, ajy ), ce (F, af|‘~';‘|) - (F, aj). Suppose that lij! is a probability of u; € (F, aj;) into
cluster Cp, k=1,2,...,K,i=1,2,...,|U|l.j=12, ..., |Aland [ = 1,2, ..., |aj|,
thus, the MMD of multi soft set can be written as

Jey, 2) = ]—[W ]_[ ( f\ﬂ') , where Z! 4l A =1, Vk j. (9)

Thus, the objective function of the clustering is to find the highest probability (1) of
the conditional maximum likelihood function as in (10) to assign the U to cluster C.

Qm Al lajl |
CMLG, %) = ]‘[]‘[m]‘[]‘[(xm) " (10)

k=1i=1 j=I1I=1
where
K
D=1 zke Enﬁm: 1,2,...,|U).
k=1
|

ka_l

Equation (10) 15 equivalent to maximizing the log-likelihood as in (11).

k Ul A la]

MaximizeLcy (2, A) = Z Z Lik ]_[ ]_[ ()Liﬂ’)

k=1 i=1 j=1i=1
i Al el

—ZzszZln(xu) Foal, (11)

=1 i=l1 j=1 I=1

Subject to

K
>z =lzke El}fm‘i= L,2,..., Ul

k=1
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[a]
b = 1.

I=1
Proposition: Lets (F,g4) bea softover U which represents a categorical-valued infor-

mation @stem with (F. a1). -+, (F.ai) S (B A) and (F.a;,). - . (F,a”a;_') -
(F.a)). Suppose (Fya). -+ . (F.aw) € (F.4) and (F.a;). . (F.qy,))

(F, aj) be a multi soft set of U. Then z;; and lkj!’ are local maximum for Leygy (z, A) if
only if

Akjt = Iiufe{h%} " ) (12)
=1 Zu,-e{f’,a,}) Zik
e A
a=1{" ”‘E.‘n("w)=.;'z‘f‘;‘x§.‘“("f~ﬂ). (13)
0 otherwise

Proof. The maximizing problem in Eq. (11)is equivalent to the Lagrangian function of
Loy asin (14),

i=1k=1 j=1i=1 k=1

@ | R K ]
Lepp(z, b, wi,wa) = Z Z Zik Z Zln(kij;)' ) (Z Zik — 1) — w2 ZA&,—; -1] (14)
=1

By take the first derivative of the Lagrangian L)y, withrespecttothe zj, A, wi, w2
and set to be 0. The equation system obtained can be defined as follows

1Al g .
dl¢ i \[Fg
BEML = ln(l}\ﬂ)| ”| — W] = 0, (15)
ik 1 I
j=11=1
oL L
ML Zi:' Sik]T —wr =10 (16)
Ey Akl o
K
dLlemr
- == zie — 1] =0, 17
3}1.‘| (; ik ) ( )
et 1
dwn = ;Rkﬂ i (18)
From (16)
U]
—1 Zik F! ]
wy = izt lF 0] (19)

Akjl
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Zwll ‘"“‘-‘F’ajf|

i
kil = wa
Substitute to (18)
i aj [ —
Iil ey = S E sl
gl = a2
=1 =1 "
Z| IZ'U' Fua|
1=1 2oi=1 Tik |74 (20)
Wa
o] U]
W2 = Z Zik Fsaj;|
I=1i=1
Substitute to (16), then
las] 10} v
zu|F
Z Z“i”F aﬂ| _ Zr 1 1-| ‘*'u|
=1i=1 (21)
(14
| F
kﬂjl’ — HZIr_ |U1|| u!f'
Zf:I] i1 ’:rk|'p-“'u|

Then, for a given 2z, all the inner sums of  quantity

1] |A| Jaas | IF-“:',*I . . ..
> ZL | Zik Z ol ln(kkﬂ) are non negative and independent. Maximiz-
ing th{. quantity is (.quwalcnt to maximizing the each inner sum. For | < k < K theinner
sum the quantity as

) Al el |F.aj|
TS ln(kw)
i=l1 j=11=1 (22)
] Al a;ll )|p aj|
S D Tik ﬂ(l ;
i=l1 i =11=1 fl

for 1 < i < |U|, zi is fix and non negative and for each i = 1,2,..., |U|,|F, a;| =

Lifui € (F,a;)and |F,a,| = 0ifu; ¢ (F,ap), it follows that 3"\ 24 |F, a;| =
ufE{F‘%)zik,Vuf elU,i=1,2,...,|U|. Thus,

Zu,-e(f’.u”) Zik

M=

=1 Zu,-e{!’,a”} Zik

(23)

| F . af
. i 155 .. .
and inner sum Z!z ll > Zik Z}A:ll L’! ln(lkﬂ) maximize  iff

|F.aj, | .
eachtuleAl |ﬂ’ll (}‘kﬂ) - }i'l ln(kiﬂ),‘v’uf elU,i=12,...,|U|,l=
1,2...., |aj| is maximize. Thus,
|A] 1A

Ui in(ay) = max Y in(a
7 i) = o, 2 () o)

0 otherwise

Zik =
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4 Computational Run on UCI Datasets

e experiment, MATLAB version 9.0.0.341360 (R2016a) is used to determine the
rformance in terms of cluster purity, rand index and computational time of the HCSS
and other two fuzzy k-based approaches. The executed sequentially on the speci-
fications of a computer with an Intel Core i5, the total main memory is 8GB, the
operating system is Mac OS High Sierra. The Experiment will be conducted on four
categorical datasets obtained from the UCI Machine Learning Repository [30], namely
Zoo, Spect, Monk and Car. The all techniques are run by 100 differences initial mem-
bership function randomly for each datasets. The ave in term of cluster purity, Rank
Index and Computational Time is captured in Fig. 1. It shows that the HCSS technique
is able to maintain the cluster purity and Rank index compared by the FC and FkP.
Nevertheless, The result of computation time indicates that HCSS overcome FC and
FKkP technique. In detail, FC and FKP respectively consume approximately 0.7017 s and
0.4615 s of execution time to Process four dataset in average. In contrast, PSS tech-
nique requires only approximately 0.031 s of execution time in average for four dataset.
It clearly shows a improvement of execution time by 95.03% as in Table 1. Thus. the
HCSS is superior in terms of computational time with able to maintenance the rank index
and purity comparing to the baselines.

Table 1. Comparison results in term of time responses

Zoo Monk Spect Car Average
FC 0.8732 0.9206 0.7037 0.7037 0.7017
FkP 0.2617 0.3754 0.4645 0.0099 04615
HCSS 0.0236 0.0253 0.0995 0.0107 0.0310
Improvement 95.03%

W Cluster Purity
I Rand Index
0 1 B Computational Time

0

Fuzzy Centroid FkP Proposed Method

Fig. 1. Mean results of cluster purity, rand index, and computational time
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5 Conclusion

The problem of fuzzy-based categorical data clustering can be overcome by several
algorithms. However, these algorithms do not provide higher clusters purity and lower
response times. Thus, the hard categorical data clustering based on soft set via multino-
mial distribution is proposed. The data is decomp based soft set to become a multi
soft set and multivariate multinomial distribution is used for clustering the data. Compar-
ative analysis of the proposed algorithm called HCSS and two baﬁm algorithms with
respect to purity, rand index and response time have been done. The results show that
the proposed approach out performs the existing approaches in t of lower response
times up 95.03% by not compromising the purity and rand index. In'the future work, we
will extend the proposed approach based on fuzzy to increase the performance of the
technique.
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